The study of integral domains with finitely generated groups of divisibility was inaugurated by B. Glastad and J. L. Mott [2]. We collect in Theorem 0 results from [2] which will be used throughout this paper without further reference.
However, for the most part, we will be interested only in the underlying group structure of G(D).
The purpose of this paper is to characterize integral domains with finitely generated groups of divisibility. Theorem 4 shows that an integral domain D with G(D) finitely generated may be realized as a composite or pullback of a very special type. We also show (Theorem 5) that G(D) is finitely generated if and only if the monoid F*(D) of nonzero finitely generated fractional ideals of D (under multiplication) is finitely generated.
The study of integral domains with finitely generated groups of divisibility was inaugurated by B. Glastad and J. L. Mott [2] . We collect in Theorem 0 results from [2] which will be used throughout this paper without further reference.
Theorem 0 (B. Glastad and J. L. Mott). Let D be an integral domain with G{D) finitely generated. is finite. So (7(D) is finitely generated. D We next show that integral domains with finitely generated groups of divisibility may be realized as composites or pullbacks of a very special type. 
U(D)/U(D) -(7(D)-> (7(D) -» 0 splits. (This is the case if (7(D) is finitely generated.) Let g: (7(D) -> (7(D) be a splitting. We may view g as a map from P(D) to P(D)
. In this context, the fact that g is a splitting amounts to saying that g(Dx)D = Dx. Using g, we define the map 9:F*{D) -* P(D) x B*{D) by 0(7) = (7D, (g(JD))~ 7). We next show that 6 is a monoid isomorphism and that 5*(D) is finite when (7(D) is finitely generated. //(7(D) is finitely generated, then B*(D) is finite. Thus F*{D) is finitely generated if and only if (7(D) is finitely generated. Proof. We identify (7(D) with /'(D). We show that the previously defined map 6 is a monoid isomorphism. Since 7D = g(JD)D, g(JD)~ JD = D, so 6 is well defined. The fact that 9 is a monoid homomorphism easily follows from the fact that g is a homomorphism. If 0(7) = 8{K), then 7D = KD, so g{JD) = g{KD). Then giJD)'1 J^ g{KD)~lK implies that 7 = K ^Finally, we show that 6 is surjective. Let (Dx 
